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6.1. Let Λ ∈ L. Prove that the series∑
γ∈Λ\{0}

1

|γ|k

converges for k > 2. (Hint: use Exercise 3.7).

6.2. Let k ∈ Z, k > 1. For Λ ∈ L, define

Fk(Λ) :=
∑

γ∈Λ\{0}

1

γk
.

Prove that Fk is a lattice function of weight k.

6.3. Prove that for k ≥ 4,

dim(Mk) = dim(Sk) + 1.

(Hint: consider the linear form φ : Mk → C, defined by φ(f) :=

f(∞)).

6.4. Prove that for k ≥ 0,

dim(Mk) =

{
[ k
12
] if k ≡ 1 (mod12)

[ k
12
] + 1 if k ̸≡ 1 (mod12).


